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THEOREM LIST
number x, |x| 2z 0.
number x, if x £ 0, then |x|=—x.
number x, |x|(a iff —adix<a.

number x, |x|>a iff x<{—-a or x>a.

Thm A-4a: For each real number x, if x*o, then [x|+9.

Thm A-S5: For each real number x, |abi = laf|b|.

Thm A-46: For each real number x, |afbi = Ial/]bl.

Thm 9-1: For each

€30,

there is a P>0 such that

for all x>P, |1!x - 0t<€.

Thm 9-2: For each

€>0,

there is a P>0 such that

for all x>P, ]—7fx - 0|<€.

Thm 10-1: Given C is a real number. For each €>0, there is a P>0
such that for all =>P, ]C/x - 0'<E.

Lemma 11—1: For all real numbers L,R, if O<L<R, then LE=CR®;

Thm 11-1: For each €>0, there is a P>0 such that
for all x>P, ]!!xe - O|<E.

Thm 11-2: For each €>0, there is a P>0 such that
for all x>P, II/x“ - OI(E.

Thm 12-1: Let fi{x)=(3x+1)/%x. For each €>0, there is a P>0 such
that for all x>P, |f(xl - SI(E.

Thm 12-2: Let C be a constant real number and for all x, fi(x)=C.
For each €>0, there is a P>0 such that
for all x>P, ]f(xl - C‘(é.

Lemma 13-1: For all real numbers a,b, |a+b| < |a|+|b].

Thm 13-2: Given fi(x) and gi(x) are functions and L and M are
If (1) for each €>0, there is a P>0 such that

- reals.
2?/ W\ >P for all x>P, |fix) - Li<€, and (2) for each €>0, there
or all X is a P>0 such thatY|g(x) — M|<€, THEN for each €>0,

there is a P>0 such that for all x>P,

[[f(x}+g(x}1 - {L+M)|<E.

Thm 14-1: Given C and L are reals and f(x) is a function.
1f for each €>0, there is a P>0 such that
for all x>P,
there is a P>0 such that for all x>P, FCf(xJ - CL|<€.

fix) — L|<€, THEN for each €>0,
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T INTUTwWeLY: [x]| 15 THE DISTANCE From O
|5l=5. |-5l=5

TI. RI&PROUSLY: |x|=%x IF x=Z0O .

=—X [F XL .
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EXAMPLE: “ [+(=3 mpLiEs Rea= " s TRUe, StvcE
T LS  FALSE —> TRUE .

I R WAY To PRovE AN  IMPLICATION TRue
( DIRECT PRoofF),
A. DIRECT PROOF of "IF p,THew g

Assume pTRUE. (SHow q TRYE)
C,n—us 15 How Nou BEGIN'

B. EXAMpLE = PRoVE: TF X< THEN =3x+S>-[4 .

| ASsume x<7, (sthw) —-3x+5 > ——lé)

Q. —3% > ....2’ lJ MU,LT.. By -= s

3. —3x+S >-a1+s A, b 5.
4. —3%+S > - /¢ 3
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|, IF x<5, THEN Qx-77<3 .

2. |F 7<=3 THEN -A%-3 >
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L
<t

¥ 4. |F € >0 AND ¥ >0 ANMD
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I[Q 3 PROOF . PRove IF EYe AND x>—é— THEU;L’-<€ .

. ASsume € >0 AND Ft)—- (SHou —-—<5)

X XE> l lyMULTIPLY BoTH sSines BY £>0

3 -é—> o 1) swvce € >

L /), 3

4. x>€ >0 )

5 &> L 2,4, DIVIDE 2 BY xs>p

6. L

~ < € S
LLCY PROOF : IF £50, x>0, avb x> T-& Then
7

z2+1 < £

l. ASSUME £>o X >0, AND ’)£>7 (SHOOJ oy {E)
Q. Ex >T-& [, MULTIPLY X>'2£:§ BY € >p
3‘ £x+£>7 Q} ADDE

q. glx+1)>7 3

S, x+/! >o0+l=z=1>0 I, Abb | To ¥ »o

~
A > =1 4, Divioe BY u+| >0,5
7. 1T _-<«¢ A

zZt|

28



[3]

EVERY STRIEMeVTS ;PR Every' STATements

I Form s For eaon Xﬁﬁ) x< 1
For any x T A, ¥ 7

For &\ X A, 7
E\IU‘\G e\ef\/\e.'r\t % P\ 15 less 'H/\ar\"j |

:E[ P\ UJQ\J _'fO ‘P/\OUQ hE_\)'e,."nj ) 5*({th&,\‘\'5 @t'f‘u‘fj
Assume x2A  (Show ')(4‘7)

T Il\uﬁﬁndtons 016 p{‘*oo‘c SWLch’fs,

P\ . PT‘D\JQ v Yor eachh xgﬁ) X &3
Assume x €A ( Show x<23)

B Prove Ew_ru(] elemest of A 15 an element SEB‘

Assume e A (Show «¢.B)
C Prove: For eack veal nuwmber X, |1€ 'x(f{)

then XL <206

P\gguma. X 1S av—e,a.Q Nnumbe (Sﬁow J‘?K{’]j

- then Yx-2 <ay)
Assume %<7 (Show Yx-2<2¢)
T COoMPLETE PRooF. LET H = Sy ' A >-23

Prove : For anc KiH, -3kt <10

l. Assume ?Cili‘{ (Show) -2x+4 £10)

R. X>-2 I dek . ofH

3 -3x< 6 cgymb&ftplv b&j -3

4 -3x+4 2 /0 3\61&9 'f



Ve H—M‘ PROVE EACH OF THE
ToLlowiNG: H= §1I7C> _3@
A, FoR EACH xeH  LTz+a<ac.
R . FoR EAcH Bti H; —a% < lo .

C. FOR EACH REAL NNUMBER x)
(IF >3 THEN —42+(D £-2) .

» D. FoR ANY REAL NumBER X
(¥ xc—SJTHEH -2x-12 € H )

¥ E . For EACH Evoj(uf k>§l€— ,
1
THEN = <€) .

F. LET I=§x | 4x+8 >0 .
PROVE : EVERY ELEMenT OF J IS AN
ELEMENT OF H.
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If %< -S

PRooF oF V,D: For EAch RGAL VumseRr x

[.Assume X /5 A REAC Numper (SHo(.d /F x¢~5
THEN = 2X=/2 € )

R.ASSUME X <L—=5 (S Ho —21-/1514)

3. =2x > (C2)-8)=r0 2, mucririy BY -4
4. 2% -/2 > -2 3, SUBTRACT /2
S. -Rx-/2 2 H 4, PEFwITION oF H
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L A
7. ,?'x.(
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PRooF BN cases]
EXAMPLE 0. xeA or XeB
T PorRg Il chase 1 ¢ ¢ A

P—'B\"" .
i 19 KEC

25 xel
WE CAN THERE FoRE
CoNncLude xkg C

T ——
IT ANOTHER FoRM OF PROOF BY CAScS |
p or c% EXAMPLE p £ A OR xXEB
p->r (. CASE |5 x¢ A
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oW N OR 3 /7 X*EC

[§. CASEQ * x¢ R

25. XD
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L—”TJsT:Gé PRooF BY CASES [ ‘

THEOREM A-1I:

FOR EALH REAL NumMBER X, {‘}6(20
PRooF

hSSume % 15 A Reae mumBer | (stow ¢/ >0)

[
A2 KZO OR x<¢p L TRICHOTOoMY
3. CAS€ 2 k=0 . (SHow /Kl?:o)
o || =x 3, DEF. ofF Ass, VACUe
5 lxl=zo 319, SUBSTITUTE =" foR ="
6. CASE 2 «x<p. (5Ho<u/7¢/~>o)
7. =X >0 6, MULT. BY —| BSTH SWES
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ned
9. |x[>0 7, §,SUBSTITUTE =" /R =
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BRDD“S CONCLERN iN_C:v___ﬂﬁSoc.uTer VALUES Cc
Usve PROOF 5\( C-ASGSJ

L U

'I’HeoReM A~ 2 FoR EACH REAL NuMBER x
IF x Z0,THen |X|==x
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[F 220, THen |x[=-%.)
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4. chs€ 1 x<0. (SHow |x]=-x).
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3

7
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X 20 7
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(0. X =0 =— |
I (x| = -x%x 9,10, SUBSTITuTE ="For =*
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TI’\eorem A-3 TFor eaclh re ol ¥, |‘£[<q & -q<X<qQ
P‘_NQ:,‘AS%M& % 15 a el (Show [v/<a 1f§ -4<K<q)

re——

2Fet Tf Assume [x/cq (Show - 44 x<a)
3. X220 OR ¥<o Trxc(xo’tomud
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%;Eﬂ""‘ ) x<-a o -,z»-a]
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. be)| - @?l </[bou| 10, subt 22 odh [boo]
12 BE Iblp)! Z /b

/3 | b/ > B &« 2




(4& ,
Theorem YA ITF €0 15 contimunous at P, bod s

" continuous ok p and bCP) +0, then —-i%?)-— 1s wﬂ‘\lhuw at P-

Proo% : /. ﬂ:;sum& ’ﬂw /5 a?%/'{'fnuaus aJFP, bsy s conlinusus
) AN
ai’P anf) blp)#afs-kod—‘ﬁ)— 1 conli wous 41',0)
(Show Sor every € 50
A xe ) rf |y
2. Assume € >0

ytheve 15 a4 S50 such Hhart 'Pof'
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BE IN THE WILL OF GoD foR
\ WHAT Nou Do

e

A. ...Jrho't L may come

To you with 104 by the WL of Gop
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—

'Ow'\& VY\CL\A be, TLQ?&SL\&S 'l'o:a e,'ﬂ/\e;-
L'J’t'sf\n \dou ~
B. I Come To you In the WiLe oF GoO

w ith CSO—j and we will have TeQre,Sl'Hﬂa

MakW .

C Be,'mi W The wut oF Gob Tokwn
this course anl Sath Sf\u\\\éj
L»Jlse.l% ‘.S'ku.&%{ns Nou Lu_t\/} leh

D. BEB \0:30 Fpr You Naove need o
endurance  so that oSter You have

dlone the WILL OF GOO vou way
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.'Udlsbow\__{
A, UJ!SDOM Is THE PRWCIPAL

THING § THEREFORE GET Wis0om . AND IN
ALL NouR GETTING, GET UNDERSTANDING

B DEFINLITIONS
| KNOWLEDGE © FACTS, GAINED
.,————-—P'l‘—'_‘--—-_.-__—
INFORMATION

Q. UMDERSTAMDJA_J_C:,T wnuY A FAcCT 1¢

A FRCT .

3. WisDom : BEWG LED BY THE SPIRIT,
KNow NG WHAT To Do AT ANY MoMEeENT,

Q. PRI FOR wiscom IV FA(TH:(TAMES [15)

IF ANY oF Yow LACKS Wispom, LET Him
ASK OF 6ab wHo GWES To ALL LLIBERALLY
AND WITRouT REPROACH , AND IT wWiLe BE
GIVEN RKRim
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ONE
NOT DIS-TNTEGRATED

A (T THESS 5723 ) Now mAY THE Gop oF PEACE

HIMSELE SANCTLEY You COMPLETELY ; AND MAY
HouR WHOLE SPIR(T | Soutl | AMD Booy BE .
PREScRyep DBLAMELESS AT THE CominGg OF
OUR LoRD Tesus CHRIST,

B.“,., THE FIRST OF ALL THE COMMAMIMENT

IS: HEAR ,0 TIsSRiel , THE LORD OuR GOD, THE [ORD
S oNE _ '

C. You ARE OMNE wyen ouT OF LOve€ OF Goo
Mouw Focus sPleT | Souc l AND BodD¥ on THE
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CoyRSE , NOwW ' _
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| BEGIN ]
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TRUTH GEM
,’PRESS ON

A (PLP 3:13) NoT THAT I HAVE ALREADY

ATTARINED ... BUT I PRESS oN , THAT T

MAY LAY HotD of THAT For WHICH CHRIST
SESUS HAS ALSOo LA Holp of ME .

B. LIKE A DISTANCE RUNNER .OR
CRULISE CONTROL

| '._Q_,_o_uSTﬁMC\{J STERDFASTNMESS Goobp
2. PATIENCE Power woRDS

C. PRESS ON CNCLE DONE W ITH A
Coop  ATT(TUDE (NOT AT LAST MINUTE)

//aHEHR THE Nsw\
REV)EW
K STunY
DO POME WoRK (_,//

SLUG6sH (LAZY), BUT IMITATE THose

WHo THRoUGH FAITH AND PATIENCE
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A .",.,. bem% cont dent of
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BEGUN & qood) Work n you will
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[BE EsTABLusten |
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ONDERSTAD 1N
A SPEAK 1T 6UT S0 You CcAN HEAn |T

3. WR\TE IT DowwN over AVD over
Y. REView |
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i RlGHTFOUSNES_‘S‘]

H_ For He wi\ Simshh the work

and ik i shefl W RIGHT EousnEss ;

B. R'.GHTEOLLSNESS: R\6RNT STAND NG
Wit GoD BY FAITH .

ond be Q'oun& W Himj'ﬂcﬁ'

havin My own vxc&\\"te_ousneasj whicly
's Srom The \aw | bul thak which
'\‘\'\rou%\(\ Saith w C\nr't?l}'J the

rughWlteousness w15 Srom Gob)

by Soith .

C. BEING IN THEc WILL 0F GoD For WHAT
You Do, IN RIGHT STANDING wiTH Go_D)_

THERE 18 GREAT LlSERT‘{_ﬁMD SPEEDUFP
IN WAKT You DO . (RKGHTEOUSNES.S
ENRANCED ACCE LERATED LEARNING)

D, IT WouLd SLow DoewN LEARNING [F A TEACHER
WERE MAD AT A STubewnT (I.E. THE STUDENT
WAS NOT IN RIGHT STANDING WiITH TRE
TEACHER ) pup sTooD OUER THEM SCOWLING
AT THEM As THey Took A TEST (VS. Hls

FACE SHINE vPon You | FROM@)




T6-lo
TRUTH GEm

LR l6HTEOUSN ESS ﬂm

ﬂ. THE Wickep

ONE PURSUVES , BUT THe

FLEE WHEN Nd

Lietreous see
RS Botb As A wLion

B.(PR. 30:30) A LION, WHICH IS MIGHTY

AMonG BEASTS AND DOES NoT TURN
AWAY FRom Hl\jy;

C.LEARN\NG IS sLOWED Down ay
WIMPILY, TIMIDLY TURNING AWAY FRoM
SOME MATH PROBLEMS .

D. LEARNING SPEEDUP BRY BoLbLy

(I~ ACCORDAN CE WITH YouR RIGHTEOUS
NKTURE ) TAKING ON THINGS oN
YouRrR PATH AND OVERCOMING |

E. NEXT} BOLDNESS AMD Hum:uﬂ)
NoT CoNTRADLCTARY ,
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MAGNLIFY THE SoLuTlion AMD NeT THE
PRoBLEM

SRR

A.(Ps 234! ii) OW, MAGNIFY THE LoRD WITH ME
AND LET US EXALT NS NAME TOGETHER

B. FoCus ON WHAT You SEE s TRUE AND
GooD AND CAv Be boNE , Do THAT, THE

PROBLEM SHRNKS . SEE SOMETHING ELSE
TRRT |5 TRUE AND GoOD AND CAN BE DoNE,
Do THAT . THE PRoBLEM SHRINKS, PRESS

ON DoiNG THIS UNTIL THE PRoBLEM 15 GONE !

Q_Do NOoT WITHHOLD Goop Flom THOSE

<o WHoM VT IS DUE, WHEMN |T |s (M THE
PowER OF NouR wanup To Do SO.

D (IamEs Tr? THEREFORE To HIM WHo KMows

I

To Do GooD AND DoeS NOT DO IT,TO HIM
IT 15 SNV
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- ] """ : '5'L§)J“"6P1Rrr BAPTISM IMPLIES aowu_eﬁg_
A (Acts 4+31b ) ... THEY WERE ALL FliLéD

wiTH THE HolY SPIR[T AND SPoke THe
WorRD OF Goo (WITH BOLDNESS

B Rechee (PR AB: (b)) ., THE RicHTEous Are

As BoLD AS A Lion .

C. You NEED GREAT Bolbdwess To LoRK
SomE MATH PROBLEMS

RietTeousnEss Boconess + Howy sPip|T
POWER BOLDUESS = SOLUVED PRUBLEMS
[N TH(S CourseE.

D. SESUS TPLDL His DisCtPLES To WAIT
UNTIL THE RECE\WED POWER FRoM on
HieH UNTIL THEY WENT OUT TO W (TrESS

E. WHATEVER WE Do N H(S wiLL THIS
BoLDNESS 1S AyAILABLE

F.CLLEN=(3b) ... Hoco mucH MORE  WILL.

YOuR HEAVENLY FATHER BGIVE THE tHoly
SPR(T To THOSE wHo Ask Him
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H-@P&'\' L}:‘D*m fs each one
has Tece\Weld a _GI_F‘T , winste— ﬁ‘"}‘o
one another as aood <stewarls of
He man§old) GRACE o5 God .., ITf
anyone wangters et Wam do 't as
Wit the ARILITY wWhudn God Suppltes..,

E. DEFINITION. GRACE - Go@ts O.loah‘t'ﬂ
95T 4o lwve anl Sunclion m the
%t’H’S anl Cat\fmiﬁ .

C  Gyace 15 Par_\" oS Godls Supernajuraﬂ
prou'lstén- Yo do e\(c&\\ex\ﬂ\a W hat Gol)
has cal\le us Yo dao

D. (R Cn2:8) And God 15 able To mate
all GRP\CE_ a\ooaw& ‘[‘ou}an Yo that
Vou, 'a\uJauds _\e\a\)iv\ﬂ a\\ Su'H‘LCMV\Ua

o\l th fvxqs ) Mma have an aboandanca
Sor every 908 worlk .
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e e e e R 3 e

"GRACE - LIORKS EFFECTWELN

R Parts of Gal2:71-9) ...when J\‘\r\an
sho) that the gospel Sor The
u;\c_\rr_umckge_,& heof been C_ommn‘ﬂ-ﬁ,g

D me .. Sor Qe Who ... WORKED
EFFECTWEL] In me “Toward the Ganjﬁles}

. When Sawmes, Cephas, and Johwn,. ..
pErcetv&Q +he GRACE That hed b eon

%w’ey\ o me-
B. | GRACEFUL PERSOIN LJORKS E EFECTIVELY

C. GRACE: GoD's ABILITY GIFT To LIWVE AMD
FUNCTION [N THE GIFTS AND CALLINGEGS

6 IN GobD's WiLL ForR TAKING THLS
courSE, THERE 1S GRACE (SUPERN ATURAL
ABILITY To WoRK cFpecTIVELY ) For You

60 WELL T CAN BE SEEN

D. Bew

To Do
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EMDST BEWG ComPATIBILTY TEACHU\)ej

AND LEARNING

Q(ACTS 12:28R) © FoR (N HIM WE Lwe
AND MWWE AND HAVE OUR BEING.

B SEEk AND Fwd TEACHWE\LEARNING

METHO US W THE wAY
You ARE To BE

¢ TRINGS ARE To BE RIGHT (NM\W ITH
NoQRr [INMOST BE IN G,

D.@"... SEEK, AND You WwitlL

Finvb "
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IQHLL'NG & DEST!NVj
ﬂ. e _\-WE:. e,cses OR \dour u.v\&e.rnganﬂ

é’.\*\lli\du\e.g J(\f\aﬁ Nou Whan Kwow what
8 ‘Hr\e. \'\OP& (l.e.&eft{'nﬂ) OQ Hig C(,(([h,-\j

B-(j“‘t\gk’”‘?)_n\"- calling 15 the 952‘_‘_(’- .
The &?_S'{to\tj s to be Nudfilled 1w tuedL XS e
Graw 15 The provisiow to Sl§.0) o an
mﬂ Wt awf \33 bemﬂ e your @ﬁﬁm},

C. ExamPLCE - Pw-‘\ 05{ N\\\J) Qﬁ\V\J 15 ‘l{'s be

a mt\n ‘{’e:a_cj/xo.r' . Parl o4 WY &E‘-Sim
6 te N make it plawm’ | Swwee T have
AwnsweAr) ‘\he ol “‘l'\"\e""% \5 T-AU_ 1o

Sl T

S i loa e,tqmplo.." cull * CO[leefe S'tu.ﬂ&vct
‘9*"-{[-‘“‘3 - 9‘=maﬁ‘1 Cﬁr—aﬂe =y
D Nou can answer the cet@ an wA
QU\_Q‘%JJ\_Q l-jQu.A ﬁEd{V\tj GJ«:.(.,SLU;Qf)

E.@ T press Towarl The qoad
Ten the pnize, C&Q‘fktm) ok the MWMQ
cal of 620 v Chmdt Jesus
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LEP\RI\J ’FROM THE CLEAR
CLEARLY DD

P (SosH. 1215 o) AS THE LORD CommAwses

Moses His SERVANT, So MOSES COMMANDE
SosHuA |, AND So JosHUA DID.

B. Wuen RIRED | THE FIRST THWG Dowe

USUALLY IS
TRAINING

C. THERE 15 A MAJOR NEED FoR PEOPLE Tp BE
TAUGHT CLEARLY FRom THosc tto sec CLEARLY

AND FoR THE TAUGHT ONES To FAITH Fully
Do 1T IN TUNE AND IN Focus .

D.(Rom 1210 a) Love boes No HARM ...

CRRRM GENVERALLY COMES FROM ANoT Dowe
A JoB WELL, THE WAY You HAVE BEEwn TRN)UG.D)

E. LIVE (5 NoT ALL SUBTECTIVE Worp FROBLEMS,

MUCH OF IT 15 LEARNING FRoMm THosE wito
SEE CLEARLY AND Boinve (T

F. SeEc THE CLEAR onEs AND [ ERR N
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\i’ﬂwmmz S f

R‘ NER ¢:3 I AM Do A GREAT UJGRK)

<o TRAT T CAMNoT ComE DowN , WHY SHoulp
THE WoRK CEASE WHILE T LEAVE (T AND
Go Dowpn o You ?

B. HAve Gob's PRIDR\T|cs Fok VYoul ((FE
CLEAR , DECIOED, SET, ESTABLISHEL .. A
DWiNE DRDER. WHEN SomETHWE COMES P
forR N DECISION) DISCERN WHAT CATEGORY
T 15 1V AnvD THE DEciston RAS ALREARDY
BEEN MADE

C. BewG [N God's WILL FOR TAKINE THIS
CouRrsE MEANS THILS CourseE 1S A HiéH
Pmomw} So REGULAR  MNONDISTRACTED
STudY Time (5 A HieH PRLDR.ITY}SO,.,
Do noT LEAUVE IT AND GO0 DOWM To
Do A LESSER PRioR|TY.
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f OVERCOME J

AL (T SN 514 ) Foe WHATEVER LS BokN OF 6on

OVERCOMES THE WORLD , AND TRIS 1S THE

VICTORY THAT HAS OVERCOME THE WORLp—
OUR FA(TH,

B. BEwe IN THE wWiLL OF God Fon TAKING THS
CouRSE , AND HENCE Dome A GREAT cuo!egq Youw
wice BE come ABAINST To TRY To SToP

HIVDER ) 0 R HARASS The work OF RESUGAR

STubY — OVERCOME |T WITH SUPERNATURAL
HeELP

C . unTR A BoLD, MONTImID | STRON G AMD
COURAGEDUS INMER. MAN - SAY NO AND
RESIST AND OVERCOME THe OPPOS I TION

D. m so. TRAT HE WouLd GRAMT You,

ACCORDING TO THE RICHES OF His GLoﬁy To BE

STRENGTHENED WITH MLIEHT TH&ousbt Hts
SPIE.l'T IN THE \NNER MAN
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GOD- PACED LEARMING

prammm—

NoT SELF-PACED LEARNMIVG

A.(M 16:a4) TF AnYoNE DesRes To Come AFTER
ME LET Him DENY HIMSELFi AND TAKE up

His CRoss AND Tollow ME .

k. SELF Wil wWANT To ST0» AND HAvE PirzzA

met—

C . SELF wiwe pec eve ITSELF Du€ To Honveep

Foe SELWF-ESTEEM

IN ONE STUDY THE U S. CAME ([~ LAST
(N MATH SCORES | BUT FIRST (N How THEY
FELT ABouT MATH

D. HuNGER To BE Gao*EsTéGM.GDf

God ~-PACED EMPowWERED [BY GRACE |

e



